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A metric space is said to be Gromov hyperbolic if any side of a geo-
desic triangle remains a bounded distance away from the union of the
other two sides. This equivalent to a certain inequality about the Gro-
mov product, (x|y)z := d(x, z) + d(z, y) − d(x, y), which measures by
how much the triangle inequality deviates from equality.

The Kobayashi pseudodistance kΩ for a complex manifold Ω is ob-
tained as the inner distance associated to the Kobayashi pseudometric
κΩ(z;X) := inf{1/R : ∃ϕ ∈ Hol(D(0, R),Ω) : ϕ′(0) = X}, z ∈ Ω, X a
tangent vector (the distance of two points is the infimum of lengths of
curves joining them). For any bounded domain in Cn, kΩ is a distance.

In 2000, Balogh and Bonk proved that any C2 bounded strictly pseu-
doconvex domain Ω in Cn is Gromov hyperbolic, by careful estimates
of the geodesics, relating them to the Carnot metric on the boundary of
Ω. In 2013, Gaussier and Seshadri proved that if Ω is convex, C∞ and
bounded and its boundary contains a non trivial analytic disc, then it
is not Gromov hyperbolic, gave examples of finite type domains, non
strictly pseudoconvex, which are Gromov hyperbolic, and stated the
conjecture that Gromov hyperbolicity is equivalent to finite type.

In this talk, we give further results supporting this conjecture, namely
(1) we prove that any convex, C1,1 bounded domain in C2 which

contains a non trivial analytic disc in its boundary is not Gromov
hyperbolic;

(2) we prove, still for a C1,1 bounded domain in C2, that if there is
one point of infinite type with rotational symmetry, the domain is not
Gromov hyperbolic.
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